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Abstract: We prove that the Einstein equations written in almost
Kähler variables have a decoupling property which allows us to construct
solutions in very general forms following methods elaborated in Refs. [1].
Such generic off-diagonal metrics are determined by corresponding classes
of generating and integration functions depending, in general, on all space-
time coordinates. The almost Kähler variables are important for performing
deformation and A-brane quantization of Einstein gravity and elaborating
noncommutative generalizations [2] and constructing quantum corrections
to solutions. We study geometric criteria when generic off-diagonal solu-
tions a) define Lorenz manifolds and satisfy the Cauchy problem; b) gener-
ate solitonic hierarchies and model geometric Ricci flows of low dimensional
geometries on four dimensional spacetime manifolds. There are considered
extensions of the method for constructing exact solutions in modified theo-
ries of gravity (for instance, with extra dimensions, with scaling anisotropy
and/or generalized Lagrange–Finsler spaces). Finally, we provide examples
and speculate on new classes of physically important solutions and discuss
geometric methods of their quantization.
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